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RESUMEN
En este trabajo se aplicó un procedimiento para generar tormentas sintéticas que preserva las características 
estadísticas de los eventos históricos de precipitación diaria registrados en 49 estaciones ubicadas en la 
cuenca de la Ciudad de México. Este procedimiento (variante del método de Svanidze) supone implícita-
PHQWHTXHODFRUUHODFLyQHQWUHODOOXYLDPi[LPD\VXGLVWULEXFLyQHVSDFLDOQRHVVLJQL¿FDWLYDVLQHPEDUJR
los resultados no validaron dicha hipótesis, lo que motivó la propuesta de un segundo procedimiento que 
permite considerar la correlación entre el valor máximo registrado durante una tormenta y su distribución 
espacial. Con esto se logra mejorar sustancialmente la forma en que las tormentas sintéticas reproducen las 









Keywords: Synthetic storms, Svanidze method, basin of Mexico City, maximum 24 hours daily rainfall, mean 
rainfall.
1. Introduction
Synthetic generation of hydrological time series longer than the historical ones, is very useful 
because such series provide information about possible scenarios in the long term of the behavior 
of the hydrologic variable in the study area.
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Arnaud et al.FRQVLGHUWKDWWKHV\QWKHWLFVWRUPJHQHUDWLRQDOORZVDQHZDSSURDFKWRVWXG\
WKHDV\PSWRWLFEHKDYLRURIWKHSUREDELOLW\GLVWULEXWLRQIRUWKHPD[LPXPUDLQIDOOVDQGWRGH¿QH
design storms. Mehrotra and Sharma (2006) consider that the generated synthetic storms could 
EHXVHGLQWKHUHOLDELOLW\DQGULVNDQDO\VLVXVHGIRUGHVLJQDQGRSHUDWLRQRIK\GUDXOLFVWUXFWXUHV
$PRQJWKHV\QWKHWLFVWRUPJHQHUDWLRQPRGHOVLQOLWHUDWXUHWKHZRUNE\'HOOHXUDQG.DYYDV
(1978) can be cited. They used autoregressive models of integrated mobile averages (ARIMA) 
IRUVHULHVRIPRQWKO\DYHUDJHSUHFLSLWDWLRQRIZDWHUVKHGVLQ,OOLQRLVDQG.HQWXFN\86$IRU
synthetic generation and forecast.





WKHDYHUDJH UDLQIDOORI UDLQ\GD\V ,W LVSHUWLQHQW WRPHQWLRQ WKDW WKHLU VWXGLHVZHUHDSSOLHG WR
agricultural models. Bogárdi et al. (1988) proposed a method for storm generation applied to daily 
rainfall records from semi-arid climates, using the concept of annual climate cycle, and generating 
UDQGRPQXPEHUVZLWKGLIIHUHQWSUREDELOLW\GLVWULEXWLRQV




functions as a max-stable process, on the basis of information from the remaining data sites. 
:LONV  SUHVHQWV WKH H[WHQVLRQ RI DZLGHO\ XVHG HPSLULFDOVWDWLVWLFDO SUHFLSLWDWLRQ
FOLPDWHPRGHOZKLFK DOVR LQFOXGHV WKH SUHFLSLWDWLRQSRUWLRQRI D ODUJHU QXPEHU RI VWRFKDVWLF
ZHDWKHUJHQHUDWRUVIRUVLPXODWLRQDWPXOWLSOHORFDWLRQVVLPXOWDQHRXVO\WKHH[WHQVLRQGLVFXVVHG
LVDFFRPSOLVKHGE\GULYLQJHDFKRIDFROOHFWLRQRILQGLYLGXDOVLQJOHVLWHPRGHOVZLWKWHPSRUDOO\
independent but spatially correlated random numbers. Cisneros et al. (1998) developed a model 
that attempts to preserve the spatial structure of historical storms.
Arnaud et al. (1999) applied a stochastic generation model to data from the French coast, 
XVLQJDWZRVWHSVFKHPHIRUWKHJHQHUDWLRQWKH¿UVWVWHSLVDVWXG\RIWKHYDULDEOHVWKDWGHVFULEH
WKHSKHQRPHQRQDQGLWVGH¿QLWLRQE\SUREDELOLW\GLVWULEXWLRQIXQFWLRQV¿WWHGWRWKHREVHUYDWLRQV




variable. Then, they made a second amendment to develop a model that preserves the dependence 
of the storm intensity and duration variables, using a parameter that characterizes the cumulative 
IUHTXHQF\FXUYHRI WKH VXPRI WKHSUREDELOLWLHVRI WKH WZRYDULDEOHV)LQDOO\ WKH\VWXGLHG WKH
modeling of the persistence of the storm in the same event to generate episodes of maximum 
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that the parameters of the generation model should be variable in time.





as in their internal properties, such as changes in precipitation intensity. Guichard-Romero et al. 
(2009), successfully used the multidimensional stochastic model of precipitation Raingen, created 
E\6DOVyQDQG*DUFtD%DUWXDOWRREWDLQUDLQIDOO¿HOGVDVVRFLDWHGZLWKPD[LPXPFRQYHFWLYH
episodes in a Spanish basin. 
,QWKLVSDSHUWZRSURFHGXUHVIRUWKHJHQHUDWLRQRIGDLO\ storms in 49 stations in the basin of 
Mexico City are compared. The former uses the fragments method of Svanidze (1980) that has 
EHHQVXFFHVVIXOO\XVHGWRJHQHUDWHVLPXOWDQHRXVPRQWKO\UXQRIIYROXPHVLQYDULRXVEDVLQVZLWK
DFHUWDLQGHJUHHRIDXWRFRUUHODWLRQVEHWZHHQFRQVHFXWLYHPRQWKVDQGFURVVFRUUHODWLRQVEHWZHHQ
basins (Arganis-Juárez et al7KLV¿UVWSURFHGXUHGLGQRWSUHVHUYHDGHTXDWHO\WKHGLVWULEXWLRQ





synthetic storms that reproduce properly the distribution function of the spatial mean and the main 
statistics of the precipitation station by station.
2. Problem statement
0H[LFR&LW\DQGLWVVXEXUEVKDYHJURZQDWDQH[SRQHQWLDOUDWHRYHUWKHGHFDGHVLQFUHDVLQJWKH
problems in the drainage system during the rainy seasons. Therefore, it became necessary to study 
both the point rainfall storms of great magnitude (although concentrated in relatively small areas) 
DQG WKHVWRUPHYHQWVRIJUHDWH[WHQVLRQ WKDWKDYHFDXVHGVHULRXVSUREOHPV IRU WKHPDLQÀRRG
FRQWURO DQGGUDLQDJH V\VWHP7KHKLVWRULFDO H[SHULHQFHKDV VKRZQ WKDWSXQFWXDOSUHFLSLWDWLRQV
exceeding 25 mm/day or mean spatial precipitations of 2.5 mm/day may produce local or general 
ÀRRGSUREOHPV'RPtQJXH]
7KHUHLVDQHWZRUNRISOXYLRPHWHUV)LJRSHUDWHGE\WKH6LVWHPDGH$JXDVGHOD&LXGDG
de México (SACM) (a local government agency) at the basin. Each pluviometer transmits a pulse 
HYHU\WLPHLWUHJLVWHUVDUDLQIDOOHTXLYDOHQWWRPP2I¿FLDOUHFRUGVRIGDLO\UDLQIDOODUHJLYHQ
In order to analyze the performance of the alternative operation policies for the very complex 
PDLQÀRRGFRQWURODQGGUDLQDJHV\VWHPLWEHFRPHVFRQYHQLHQWWRGHYHORSDODUJHQXPEHURI
different possible scenarios of storm events that preserve the statistical characteristics of the 
historical storms.




a. Total daily precipitation in any of the 49 stations exceeded a threshold of 23 mm (i.e., storms 
ZLWKDKLJKSRLQWYDOXH
b. And/or the arithmetic average of the daily rainfall in the 49 stations exceeded 2.3 mm in 24 
hours (i.e.VWRUPVZLWKODUJHVSDWLDOH[WHQW
3.1. Procedures to generate synthetic storms
3.1.1. First procedure
,QRUGHUWRDSSO\WKHIUDJPHQWVSURFHGXUHKLVWRULFDOVWRUPVZHUHFKDUDFWHUL]HGRQWKHRQHKDQG
































































the basin of Mexico City.
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 PHi,j precipitation recorded for the storm i at station j.
 PHMAXi, maximum over j of PHi,j.
 PHMEDi average for each storm i of the PHi,j values.
2. The cumulative distribution function F(p-max) of the maximum, PHMAXi, corresponding 
to the selected historical storms is obtained by means of an extreme values analysis; in this 
FDVHD*XPEHOGLVWULEXWLRQIXQFWLRQJDYHWKHEHVW¿W
 $UDQGRPQXPEHU8NZLWKXQLIRUPGLVWULEXWLRQ>@LVJHQHUDWHGWKHQWKHLQYHUVHRIWKH
distribution function F(p-max) is obtained to estimate the corresponding synthetic value 
(PSMAXkDVVKRZQLQ)LJXUH
 2QWKHRWKHUKDQGDUDQGRPLQWHJHUEHWZHHQDQGLVJHQHUDWHGWRDFKLHYHDUDQGRP
selection of an historical storm, i.
5. The generated daily precipitation at the 49 stations is obtained by multiplying the historical 
rainfall recorded in each one, PHi,j, that corresponds to the storm i selected in step 4, by the 
UHODWLRQVKLSEHWZHHQWKHV\QWKHWLFYDOXHRIWKHPD[LPXPSUHFLSLWDWLRQREWDLQHGLQVWHS





ZKHUHPSk,,j is the precipitation for the synthetic storm k at station j, obtained according to the 
UHODWLRQVKLSEHWZHHQWKHPD[LPXPV\QWKHWLFSUHFLSLWDWLRQPSMAXN and the maximum historical 
precipitation PHMAXi corresponding to the randomly selected storm in step 4. Steps 3, 4 and 5 
















Fig. 2. Random generation of maximum rainfall.
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the historical storms. Once the distribution functions of maximum and average values of historical 
VWRUPVDUHDGHTXDWHO\UHSURGXFHGLWZRXOGEHQHFHVVDU\WRFKHFNZKHWKHUWKHVWDWLVWLFDOSDUDPHWHUV
of recorded rainfall in each of the stations are also reproduced.
,WLVZRUWKZKLOHWRSRLQWRXWWKDWWKHGHVFULEHGSURFHGXUHXVHVWKHDGMXVWHGGLVWULEXWLRQIXQFWLRQ
of the maximums (and therefore the comparison of the empirical distribution functions of those 
maximums is not really a validation); nevertheless the reproduction of the empirical distribution 
functions of the spatial means and of the statistical parameters of the recorded rainfall for each of 
the stations depends on the hypothesis used to generate the synthetic storms, so that the proposed 
comparisons constitute a real validation. 
4. Results and discussion
4.1. First procedure of generation (whole group analysis)
0D[LPXPDQGDYHUDJHSUHFLSLWDWLRQVIRUHDFKRIWKHKLVWRULFDOVWRUPVZHUHFDOFXODWHG
$QH[WUHPHYDOXHDQDO\VLVZDVSHUIRUPHGIRUWKHPD[LPXPUDLQIDOOGDWDDWWKHKLVWRULFDOVWRUPV





F (x) = e–e–t (2)
ZKHUHt = Į([ȕZLWKĮ= 0.019786, ȕ )LJXUHVKRZVWKHREWDLQHGGLVWULEXWLRQIXQFWLRQ
ZLWK*XPEHOVFDOHRQWKHKRUL]RQWDOD[LV
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of the historical storms. Nevertheless, calculated mean values from observed rainfall are partially 
determined by its registered maximum value, and as such, the relationship can be considered 









































Fig. 3. Distribution function of maximum historical values.
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In order to avoid this problem a spatial extension index (SEIiREWDLQHGDVWKHUDWLREHWZHHQ
the average rainfall in the storm iDQGWKHPD[LPXPYDOXHLQWKDWVWRUPZDVGH¿QHG7KLVLV
HTXLYDOHQWWRFDOFXODWHWKHPHDQVRIWKHVWDQGDUGL]HGVWRUPVLQZKLFKWKHPD[LPXPYDOXHLVDOZD\V
















































Fig. 6. Empirical probability distributions for the spatial average rainfalls. 
First procedure.
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4.2. Second-generation procedure (two-groups analysis)
$FFRUGLQJWRWKHUHVXOWVVXPPDUL]HGLQ)LJXUHDVHFRQGJHQHUDWLRQSURFHGXUHZDVSURSRVHG
LQZKLFKKLVWRULFDOVWRUPVZHUHFODVVL¿HGLQWRWZRJURXSVWKH¿UVWRQHZDVVHOHFWHGE\DYLVXDO
LQVSHFWLRQRI)LJXUHZKLFKVKRZVWKDWWKHSRLQWVFRUUHVSRQGLQJWRYDOXHVRIKp max above 55 mm 
(that is the median of the hp maxYDOXHVGRQRWVKRZLQWHUGHSHQGHQFHZLWKWKHVSDWLDOH[WHQVLRQ
index, and the second one considers the rest of the values. By relating the maximum precipitation of 
HDFKRQHRIWKHVHWZRJURXSVZLWKWKHFRUUHVSRQGLQJYDOXHVRISEIi)LJXUHVZHUHREWDLQHG
,WLVLQWHUHVWLQJWRQRWLFHWKDWDVVKRZQLQ)LJXUHWKH¿UVWJURXSRIVWRUPVFRQWDLQVQRW
only the largest maximum precipitation values, but also covers all the range of SEIi values; 
DOVRWKDWWKHFRUUHODWLRQEHWZHHQSEIi and maximum values is practically negligible, and that 
in Figure 11ZKLFK FRUUHVSRQGV WR WKH ORZHUPD[LPXPSUHFLSLWDWLRQYDOXHV WKHUH LV VWLOO D
VLJQL¿FDQWFRUUHODWLRQ
y = 0.2378x + 53.843 
R2 = 0.0072 




















rainfall of 177 historical storms.
y = 1.0377x + 40.609 
R2 = 0.3157 
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y = -79.549x + 78.771 
R2 = 0.3313 























Linear  regression 
)LJ5HODWLRQVKLSEHWZHHQWKHVSDWLDOH[WHQVLRQLQGH[SEIi) and the 
maximum precipitation for historical storms.
y = –11.79x + 72.248 
R2 = 0.0068 


















Linear  regression 
)LJ5HODWLRQVKLSEHWZHHQWKHPD[LPXPSUHFLSLWDWLRQDQGWKH
spatial extension index (SEIi). First set of historical storms.
y = –41.055x + 58.481 
R2 = 0.3736 
















Second group of storms 
Linear regresssion 
)LJ5HODWLRQVKLSEHWZHHQWKHSUHFLSLWDWLRQDQGWKHVSDWLDOH[WHQVLRQ
index (SEIi). Second set of historical storms.
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7KHUHIRUHWKH¿UVWSURFHGXUHWRJHQHUDWHV\QWKHWLFVWRUPVZDVPRGL¿HGZKHQWKHPD[LPXP
value of PSMAXk obtained in step 3 is greater than or equal to the threshold for the corresponding 
PHGLDQRI WKHPD[LPXPKLVWRULFDO RQHRI WKH VWRUPV IURP WKH¿UVW JURXS VWRUPVZLWK ODUJH
PD[LPXPYDOXHLVUDQGRPO\VHOHFWHG2WKHUZLVHDVWRUPIURPWKHVHFRQGJURXSLVVHOHFWHG
4.2.1 Application of the second-generation process
,WZDVGHWHUPLQHGWKDWWKHPHGLDQRIWKHPD[LPXPSRLQWUDLQIDOOLVPP




to obtain 1000 maximum precipitation synthetic values PSMAXk: k = 1,2,...,1000.
)RUWKHVHOHFWLRQRIWKHVWRUPVWKDWVKRXOGEHVFDOHGLWZDVFRQVLGHUHGWKDWZKHQV\QWKHWLF
maximum precipitation PSMAXk is greater or equal to the median, a randomly selected storm from 
WKHJURXSRIODUJHVWRUPVVKRXOGEHVHOHFWHGRWKHUZLVHWKHVHOHFWLRQLVPDGHUDQGRPO\IURPWKH
second group of historical storms. 
In Figure 12, the empirical distribution functions corresponding to the maximum historical and 
V\QWKHWLFYDOXHVDUHFRPSDUHG,WLVVKRZQWKDWWKHGLVWULEXWLRQIXQFWLRQIRUWKHPD[LPXPKLVWRULFDO



























Fig.12. Empirical probability distributions of the maximum 
precipitations. Second procedure.
38 R. Domínguez-Mora et al.
)LJXUHVKRZVDVLPLODUFRUUHODWLRQWRWKDWREWDLQHGIRUKLVWRULFDOVWRUPV)LJ)XUWKHUPRUH
DFRPSDUDEOHWUHQGLVDOVRLGHQWL¿HGZLWKUHJDUGVWRHYHQWVDVVRFLDWHGWRODJHUSHDNVZKLFKWHQG
to be less spatially extended. 
Since the general statistical characteristics (maximum, average and SEIi) for historical storms 
ZHUHDGHTXDWHO\ UHSURGXFHG UHVXOWVZHUHDQDO\]HGFRQVLGHULQJ WKHYDOXHVREWDLQHGIRUHDFK
station. Figures 16-18 contain information to compare the statistical parameters (mean, standard 
GHYLDWLRQDQGVNHZQHVVFDOFXODWHGDW WKHVWDWLRQV IRU WKHV\QWKHWLFVWRUPVDVREWDLQHG
ZLWKWKH¿UVWDQGWKHVHFRQGSURFHGXUHYVWKHLUFRUUHVSRQGLQJKLVWRULFDOYDOXHV,QRUGHUWR





y = 0.5105x + 48.875 
R2 = 0.037 
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Fig. 13. Empirical probability distributions for the spatial 
average precipitations. Second procedure.
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y = -59.553x + 73.426 
R2 = 0.1857 


















SEI synthetic 2 
Synthetic 
Linear  regression 














































Fig. 16. Behavior of the mean for 
each station.










ZKHUHVary represents the variance of the statistical parameter y on the 49 recording stations, for 
the historical sample; Var¡WKHYDULDQFHRIWKHGLIIHUHQFHVEHWZHHQWKHVWDWLVWLFDOSDUDPHWHUVy of the 
historical sample and of the synthetic sample; and y the parameters mean, standard deviation and 
VNHZQHVVVXFFHVVLYHO\
7KHFRPSDULVRQEHWZHHQWKHFRHI¿FLHQWVRIGHWHUPLQDWLRQWKXVREWDLQHGIRUHDFKJHQHUDWLRQ


























































r = 0.9189 Fig. 17. Behavior of the standard 
deviation for each station.
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,WLVSRLQWHGRXWDJDLQWKDWWKHVHFRQGSURSRVHGSURFHGXUHVLJQL¿FDQWO\LPSURYHVWKHSUHVHUYDWLRQ
RIWKHVWDWLVWLFVRIHDFKVWDWLRQSDUWLFXODUO\LQWKHFDVHRIWKHVWDQGDUGGHYLDWLRQVDQGVNHZQHVV
5. Conclusions and recommendations
$SURFHGXUHEDVHGRQWKHIUDJPHQWVPHWKRGRI6YDQLG]HZDVDSSOLHGWRJHQHUDWHV\QWKHWLF
storms, from 177 storms recorded at 49 pluviometers in the basin of Mexico City. An analysis 
RIWKHUHVXOWVVKRZVWKDWWKHGLVWULEXWLRQIXQFWLRQRIWKHVSDWLDODYHUDJHIRUWKHKLVWRULFDOVWRUPV
ZDVQRWDGHTXDWHO\UHÀHFWHGDVLWLVFOHDUO\VKRZQLQ)LJXUH)RUWKLVUHDVRQWKHFRUUHODWLRQ
of the maximum vs.WKHPHDQYDOXHVZDVQHLWKHUUHSURGXFHGDGHTXDWHO\7KLVFRUUHODWLRQZDV
ORZIRUKLVWRULFDOVWRUPVZKLOHLWZDVKLJKIRUV\QWKHWLFUHFRUGVDVVKRZQ
in Figures 7, 8.
$GHWDLOHGDQDO\VLVRIWKHYDULDEOHVLQFOXGHGLQ)LJXUHVKRZVDVSXULRXVFRUUHODWLRQEHWZHHQ






















   
 


























   














Standard deviation 0.7620 0.9216
6NHZQHVV –0.5650 0.3194
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in the evaluation of both the independent and dependent variables. In order to avoid this spurious 
correlation, a spatial extension index (SEIiZDVGH¿QHG7KLVSDUDPHWHUHQDEOHGWRGHPRQVWUDWH
WKDWWKHPDJQLWXGHRIWKHPD[LPXPSUHFLSLWDWLRQVLVFRUUHODWHGZLWKWKHVSDWLDOH[WHQWRIWKHVWRUPV





index, and the second group contained the remaining storms. The procedure to generate synthetic 
VWRUPVZDVWKHQPRGL¿HGVRWKDWWKHVHOHFWLRQRIWKHVWRUPWKDWZRXOGEHVFDOHGGHSHQGHGRQWKH
maximum value randomly generated.
%\XVLQJ WKH VHFRQGPHWKRGRI JHQHUDWLRQ LWZDV SRVVLEOH WR SUHVHUYH WKH EDVLF VWDWLVWLFDO
characteristics of historical storms on the generated ones: the distribution functions of the maximum 
DQG WKHPHDQ SUHFLSLWDWLRQV DVZHOO DV WKH FRUUHODWLRQ EHWZHHQ WKHPD[LPXP DQG DYHUDJH
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